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Suppose the rational functions {ϕj}, with poles in {α1, . . . , αj} ⊂ (C ∪
{∞})\[−1, 1], form an orthonormal system with respect to a positive bounded
Borel measure µ on I := [−1, 1], satisfying the Erdős-Turán condition µ′ > 0
a.e. on I, and let the associated Christoffel functions be given by λn(x) =
[
∑n−1

j=0 |ϕj(x)|2]−1. Assuming the sequence {nλn(x)}n>0 converges for certain
x ∈ I, and the poles are all real and bounded away from I, in [2, Ap-
pendix A.2] the author obtained an expression for the limit function k(x) =
limn→∞ nλn(x). The actual convergence, however, has only been proved for

the special case of the Chebyshev weight functions dµ(t)
dt

= (1 + t)a(1 − t)b,
where a, b ∈ {±1

2
}, and for every x ∈ I in [2, Chapter 9.7]. In this contri-

bution we will prove convergence for arbitrary complex poles bounded away
from I, and weight functions of the form dµ(t)

dt
= g(t)

∏k
i=1 |t− ti|

νi , where
−1 6 t1 < . . . < ti < . . . < tk 6 1, νi > −1, 0 < C1 6 g(t) 6 C2 < ∞ for
every t ∈ I, and g(t) is continuous in a neighbourhood of x ∈ I.
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